The vibrational properties of three sodosilicate glasses have been investigated in the framework of Density Functional Theory. The pure vibrational density of states has been calculated for all systems and the different vibrational modes have been assigned to specific atoms or structural units. It is shown that the Na content affect several vibrational features as the position and intensity of the R band or the mixing of the rocking and bending atomic motions of the Si-O-Si bridges. The calculated Raman spectra have been found to agree with experimental observations and their decomposition indicated the dominant character of the non-bridging oxygen contribution on the spectra, in particular for the high-frequency band, above 800 cm −1 . The decomposition of the high-frequency Raman feature into vibrations of the depolymerized tetrahedra (i.e. Q n -units) has revealed spectral shapes of the partial contributions that cannot be accounted for by simple gaussians as frequently assumed in the treatment of experimentally obtained Raman spectra.
symmetry makes the calculations more time-consuming and finally results to systems that at best contain a few hundreds of atoms.
The calculations of the Raman spectra of a glass have in general three stages: (i) generation of a structural model; (ii) the calculation of its vibrational properties, and (iii) the calculation of derivatives of the polarizability tensor with respect to atomic displacements (i.e. the Raman susceptibilities). For the latter, two frameworks can be considered, either a first principles one 19, 20 or an empirical one, called bond polarizability model 21, 22 . Within the bond polarizability approximation, calculations for silica and binary sodo-silicate glasses have achieved satisfying agreement with experimental data [23] [24] [25] [26] . We note equally that Raman intensities can be equally computed from the dynamical autocorrelation functions of
II. SIMULATION METHODS
The selected sodo-silicate glasses of this study contain 20.0%, 25.0% and 33.3% Na 2 O, hereafter called NS4, NS3 and NS2, respectively. Two samples per composition have been prepared, containing 180, 204 and 207 atoms for NS4, NS3 and NS2, respectively. In order to circumvent the costly preparation within an ab initio molecular dynamics (MD) simulation,
we have generated our structural models by employing classical MD approach during the melt-and-quench cycle followed by a rather short ab initio MD run at room temperature. As it has been shown in past studies conducted using this combined approach 4, 13, [31] [32] [33] [34] the use of the ab-initio approach mostly serves as a way to refine the short-range structure, while the medium range remains practically unchanged. The switch from a classical to an ab initio approach can have a dramatic effect on the calculated vibrational properties 6 . Similarly, Giacomazzi et al. extracted the vibrational properties of silica glass prepared with both methods with the results suggesting that they generally produce similar results, with some discrepancies arising due to the slightly different Si-O-Si angle distributions 4 .
The initial preparation of the NS2 and NS3 glass structures, as well as that of one NS4 structure, has been performed using classical MD by employing the Guillot-Sator potential, with a cutoff set at 6Å 35 , starting from a random atomic distribution in a cubic box reproducing the experimental density 36 . The systems were then heated to 4000 K and equilibrated for 20 ps using the constant volume-constant temperature (NVT) ensemble, before being quenched stepwise to 300 K with a rate of 10 11 K/s using NVT. Due to an inaccurate description of the medium-range order in the case of the NS2, a third system has been prepared this time using a 10 10 K/s quench rate. Two final equilibrations of 20 ps and 5 ps were finally performed, using the constant pressure-constant temperature (NPT) ensemble and the constant volume-constant energy (NVE) ensemble, respectively. Due to slight contractions of the glasses during the NPT phase, some of the final structures were rescaled in order to match the experimental density values, and were then re-equilibrated for 5 ps using the NVE ensemble. The classical MD simulations were carried out with Hoover thermostats and barostats, using an integration step equal to 1 fs. They were carried out using the DL POLY 4.01 software 37 . As a second structure for the NS4 composition, we have used one previously generated, similarly through combined classical and ab initio MD simulations, albeit with a different classical potential 38 .
In a second step, we used the above classical structural models as input configurations for ab initio MD simulations carried out using the Vienna ab initio package (VASP) 39, 40 . The electronic degrees of freedom were treated in the framework of density functional theory (DFT), using the general gradient approximation (GGA) and the PBEsol functional 41, 42 .
We started with an NVT run at room temperature for 2 ps, followed by an NVE run of same length. Complete computational details can be found in previous publications 17 50, 51 . The intra-tetrahedral structural parameters are more accurately predicted than the inter-tetrahedral ones, whereas the largest deviations from the experimental values are observed in the case of Na-O bond lengths. The overestimation of these bond lengths is probably connected to the use of GGA/PBE approximation, as already reported in the literature 52 .
The Raman spectra for the two systems are given in Fig. 1 . As there is a constant underestimation of the frequencies of the calculated spectra, the presented values have been multiplied by a factor of 1.04. For both crystal structures, we observe a good agreement of the When switching from classical to ab initio MD, we have observed changes of some structural features such as the shift to smaller angles shown by the SiOSi bond angle distribution (BAD) (see Fig. 2 ) or the shifts of the first peaks of SiO and NaO radial distribution functions (RDF) plotted in Fig. 3 In Tab. II we summarize some structural parameters of the three glass models used for the vibrational calculations (i.e. relaxed to 0 K). The amount of NBO in the structures was found to be in very close agreement to available NMR results [55] [56] [57] . The percentages of the NBOs are accurately reproduced in all glasses, while the agreement of the Q n species with experimental results is better for the well-polymerized NS4 glass than for NS2. Overall one can state that the short range structural features of our models compare reasonably well with experiments, but deviations exist in terms of distribution of the Q n species, and thus for the medium-range structure. This discrepancy can be attributed to the choice of the empirical potential during the initial preparation of the glass models, since the ab-initio equilibration at room temperature and the subsequent energy minimization produced negligible changes in the medium-range structure. It can be also linked to the employed high quench rate from the liquid.
It is also interesting to analyze the intertetrahedral Si-O-Si angles with respect to the Q n speciation of the two silicons. In this scope, we have averaged the corresponding values over all five glass models, wherever sufficient statistics were available, and found the largest angles being formed by
. This change in the Q m -O-Q n angle could be well related with a steric effect caused by the increased amount of Na around the Q n entities when increasing the number of NBOs. We have hence calculated the average number of Na atoms around a Q n unit (i.e. the Na atoms around the four oxygens and within a sphere of radius equal to the first O-Na coordination shell), and we have found increasing values when going from Q 4 to Q 2 , for a given composition, and when increasing the soda content.
For example, for Q 3 species, we have found ≈ 3.8 sodiums for NS4, ≈ 4.4 sodiums for NS3
and finally ≈ 5.8 for NS2 composition. Further, by calculating the average number of Na around each NBO, we have found values equal to 2.9, 3.2 and 3.4 for NS4, NS3 and NS2, respectively, similarly to previous ab-initio calculations on NS4 and a sodium borosilicate glass 17, 49 . Of course, this implies that more than one alkali atom is found in the vicinity of each NBO, therefore deviating from the traditional theoretical model for the structure of sodosilicates, which assumes a one-to-one correspondence. where N is the number of atoms in the system. The total VDOS has been then computed as:
The knowledge of the eigenfrequencies and eigenvectors makes possible further calculations, starting with the so-called partial VDOS corresponding to the contributions of different groups of atoms (as for example the species):
where N α is the number of atoms in the group labelled α and e I,k (ω p ) are the 3-components of the eigenvector e(ω p ) with the displacement of the particle I.
The total VDOSs of NS4, NS3 and NS2 glasses are shown in Fig. 4 alongside the partial contributions of the three species α = Si, O, Na. Firstly we can identify three main bands with features (position, shape and intensity) changing when the Na content varies. The presence of three bands as well as qualitatively similar decompositions with respect to the contributions from the three species have been already reported in previous theoretical studies for NS4 glass using classical and ab-initio 23, 25 , as well as by fully ab-initio studies of more complex silicate glasses 17, 63 . For the low frequency range below 300 cm −1 , we observe an intensity increase when going from NS4 to NS2, which is directly correlated to the intensity increase presented by the Na partial VDOSs when the Na sodium content increases (see Fig. 4d ). We note that the Na contributions are situated only in the bottom part of the spectra below 400 cm −1 , as already pointed out in previous calculations for silicates containing sodium 17, 25, 63 . In terms of relative intensity of the three partials, it is evident that the O contribution dominates the VDOS (see Figs. 4b, c and d). To our knowledge, the only available experimental data in order to compare the VDOS come from heat-capacity calculations and concern the lower end of the spectra 64 , and show an intensity increase with increasing sodium content. For the color version, the reader is referred to the web version of the article.
The change in the Na amount also gives rise to modifications of the total VDOSs for the frequency ranges above 400 cm −1 . We notice an intensity decrease with increasing Na concentration in the range 400 − 500 cm −1 (see Fig. 4a ), a feature that originates from the changes presented by both oxygen and silicon partial VDOSs (see Figs. 4b and c) and can be correlated to changes in the glass polymerization due to the modifier atoms. Further on, there is a peak pointing at ≈ 740 cm −1 which is strongly affected by the Na content: its intensity decreases with increasing Na amount, alongside a slight shift to lower frequencies.
Again, we can link these variations to changes shown by both Si and O partial VDOS, and especially the ones of the silicons with a decrease of the maximum intensity of 40% between NS4 and NS2 samples, as shown in Fig. 4b . Finally, the three VDOSs are characterized by a broad band approximatively above 850 cm −1 and up to 1250 cm −1 , with contributions from
Si and O atoms which shifts to lower frequencies with increasing Na content(see Figs. 4a, b and c). This band is of course reminiscent of the so-called high-frequency band in pure silica, and its softening due to the silicate network depolymerization has been previously reported in ab initio studies for other silicates 16, 17, 63 . The assignment of this band and the relation with the network connectivity will be discussed in details in the next subsections.
We can initially proceed to a visual inspection of the vibrational modes (videos are provided as Suppl. Mat.). The nature of the vibrations was found to be qualitatively similar in all three glasses under study. Figure 5 depicts some characteristic snapshots taken from the NS4 models and visualized using XCrySDen 65 . For the low-end of the VDOS we observe mainly motions of rigid tetrahedra together with neighbouring sodium atoms. Further, for increasing frequencies up to 350 cm −1 , we first see dangling and then stretching motions of the NBO-Na bonds. At the same time, the Si-O-Si bridges exhibit a combined rocking/bending motion ( Fig. 5a ). At higher frequencies we can also observe characteristic collective motions like the breathing modes of 4-member and 3-member silicate rings, shown in Figs. 5b-c. In the region 700-800 cm −1 (see Fig.5d ), we still have the mixed rocking/bending motions of Si-O-Si bridges but we equally notice an increased contribution stemming from Si atoms, which corroborates the above discussed features of the Si partial VDOS. At a lower extent, we can still identify the presence of a mixed motion on NBOs combining a stretching of the Si-NBO bond together with a motion orthogonal to the Si-NBO direction. Finally, in the high frequency band above 850 cm −1 (see Fig. 5e ), we mostly observe the stretchings of both Si-BO and Si-NBO bonds, as previously reported for a NS4 glass 66 within a classical approach or for magnesio-silicate glasses 16 within a DFT calculation.
After obtaining a qualitative overview of the vibrational modes of the NSX glasses, we can proceed to a more quantitative analysis. As mentioned earlier, the most intense contribution to the VDOS stems from the O atoms. In Fig. 6 , we present the decomposition of the O Fig. 7 show a mix of rocking and bending motions in the low-and mid-frequency range, with the former being more intense in the region between 100-400 cm −1 , whereas the latter are relatively more pronounced between 500-800 cm −1 .
On the contrary, the high frequency band contains essentially stretching modes of BO.
Regarding the effect of the glass composition, the increase of Na amount when going from NS4 to NS2 leads to an increase of the contributions from rocking and bending modes at the lower part of the VDOS (below 700 cm −1 ). At the same time, their intensities for the band around 750 cm −1 decrease, and also shift to lower frequencies (the effect being more pronounced for the relative contributions, as shown in Fig. 7d-e) . The increase of Na has also a limited effect on the intensity of the high-frequency band which only shifts to lower frequencies (see Fig. 7e ). Similar decompositions of the oxygen motions have been previously carried out for pure silica described using an effective pair potential 26, 67 or within an ab initio framework 10,68 , as well as for the NS4 glass using a harmonic potential 23 . These studies have revealed the same strong dependence of BO motions with respect to the frequency, and a qualitative agreement with respect to the relative ratios between the three contributions.
A decomposition of the BO partial VDOS according the Si-BO-Si angle can link the vibrational properties with the geometry of the glass matrix. Such a decomposition is stretching in Q n species since, as will be discussed in Section III B, smaller Si-O-Si angles are expected as the amount of NBOs on the Si atoms increases.
Finally, we have investigated the contribution from the NBOs by decomposing it with respect to the type of Q n species that they are linked to. Figure 9 shows the contributions to the VDOS from NBOs on Q 2 and Q 3 entities. We remark that NBOs on Q 2 demonstrate a significantly higher intensity, compared to those on Q 3 for all three glasses. However, the most important difference between the two cases can be identified in the high-frequency band, where in all systems we observe a bimodal contribution for NBOs on Q 2 species and an overlapping peak for Q 3 . In the former case, the peak centers were found to be at the same frequencies, 920±10 cm −1 and 1020±10 cm −1 , whereas the maximum of the Q 3 contribution shifts from 1060 cm −1 to 1010 cm −1 when going from NS4 to NS2. We should also note that we do not comment on the contribution to the VDOS from NBOs on Q 1 entities, since only one exists in the NS2 system and therefore good statistics are not ensured.
D. Raman spectra
The Raman spectra have been obtained by applying uniform electric fields and calculating the second order derivatives of the electron density matrix 19 . The Raman susceptibility for each mode p is given by:
where V is the system volume, i, j, k = 1, 2, 3, M I the atom I mass, while e I,k (ω p ) is the 3-components vector defined in Eq. (2). In Eq. (3), the Raman tensor ∂χ ij ∂R I,k is given by:
with F Iγ is the force exerted on atom I and E the applied electric field. For the polarized Raman spectra (VV), the intensity for each mode p is given by:
where α p and τ p are the trace and anisotropy of the susceptibility:
The depolarized Raman spectra (VH) have been calculated by multiplying the VV spectra by the depolarization ratio ρ p dep :
In order to decompose the Raman spectra into partial contributions of a specific group of atoms, we have written the intensity of mode p as a sum of three terms:
where only the atoms of type α are considered in Eq. (3) prior to the calculation of the partial intensities I p V V,α using Eqs. (5)- (7) (i.e. α = Si, O, Na or α = BO, NBO). The second and third terms are respectively the contributions from the remaining atoms in the system (i.e. the ones of Si and Na if α = BO, NBO) and the overlapping (or interference) terms, due to the squared terms in Eqs. (5)-(7). As already pointed out by Umari and Pasquarello for the case of pure SiO 2 68 , even if the sum of the partial Raman spectra does not recover the total spectrum, as in the case of the VDOS, it is reasonable to assume that these partial spectra give a measure of the relative ones.
The VV and VH calculated Raman spectra of the glasses under study are given in Fig. 10 and compared to recent experimental results 69 . The calculated spectra result directly from the Gaussian broadening of the discret intensities (see Eqs. which is equivalent to dividing the calculated spectra in Fig. 10 by ω 2 .
For either VV and VH spectra, the positions of the main bands are well reproduced by the calculated spectra but there exist discrepancies in terms of band intensities. If we consider the band between 500-600 cm −1 in the VV spectra, its form and intensity is well reproduced for the highly polymerized (high silica content) NS4 composition. As it will be discussed later, this band contains the signal from Si-O-Si vibrations, i.e. the BO atoms. The calculated band is broader with respect to the experimental one and it is not narrowing with increasing sodium content. This indicates that there are differences in the local and medium range structures present in our glass models and those in the real glasses.
These differences are likely due to the small size of our glass models, which in the case of NS2 contains considerably less BOs and therefore poorer statistics compared to NS4.
Further, the discrepancies for the high-frequency band (900-1200 cm −1 ), corresponding to the response from the Q n species are due to the fact that observed Q n distributions are not exactly reproduced in our models. For the VH spectra, we see a broad band below 600 cm −1 (see Fig. S1 in Suppl. Mat.), which was assigned to two types of alkali motion 69 , one at ≈175 cm −1 and the second one at ≈350 cm −1 . In spite of the small size of our models, we 69 . The experimental spectra are the reduced ones with respect to the measured intensities (see text for details). The calculated as well as the experimental spectra are normalized to unity.
can identify in the calculated VH spectra the presence of small peak at ≈350 cm −1 showing an increasing intensity with increasing sodium content.
As for the pure VDOS, we have initially decomposed the VV spectra with respect to the contributions of the three species, Si, O, and Na and present the results in Fig. 11 . The partial contributions stemming from the O atoms are by far the most significant, as it was already noticed for pure silica 68 , as well as in the partial VDOS of our three sodosilicates (see Fig. 4 ). This trend is far more substantial in the polarized Raman spectra. Consequently, there is strong similarity between the form of the oxygen contributions plotted in Fig. 11b and the total VV Raman spectra shown in Fig. 10 . With increasing sodium content, it is the oxygen contribution exhibiting the most noticeable changes, namely a shift to the right of the band between 400-700 cm −1 and a small shift to the left of the high-frequency band.
Due to the prominent contribution of oxygen vibrations to the Raman spectra, we have further considered three decompositions: according to their species (BO or NBO), the bond angle of the Si-O-Si bridgings, and the contribution of the NBOs to the high frequency band.
The decomposition according to the contributions from BOs and NBOs is given in Fig. 12 .
We initially point out the strong contribution of the NBOs to the high-frequency, or Q n , band. This happens in spite of their smaller concentration with respect to the BOs in any of the three compositions, suggesting that they are the most Raman active in this band. The intensitiy of these modes largely dominates the one of the oxygens in Si-O-Si bridges, that one finds in the pure silica glass. The vibrations of NBOs then define the shape and intensity of this Raman band, and we expect that they are predominantly of stretching type 66 . For the rest of the spectra (below 800 cm −1 ) the NBOs present a distinct signal whose intensity increases with increasing sodium content, and surpasses the one of BOs in the case of NS2. As for BOs, they present a significant band between 400-600 cm −1 , particularly for low sodium content. Taking into account the decomposition of the pure VDOS with respect to rocking, bending and stretching motions of the Si-O-Si bridges (see Fig. 7 ), the Raman BO vibrations could be assigned either to rocking or bending motions, or both. However for pure SiO 2 , Umari and Pasquarello 68 have shown that the VV spectrum below 900 cm −1 is dominated by bending motions, while the rocking contribution is almost suppressed, in spite of their large weight in the pure VDOS. This conclusion likely holds also for sodosilicate compositions. It is supported by the fact that the relative contributions of the rocking, bending and stretching vibrations (see Fig. 7d-f) do not seem to show a strong dependence on sodium content, on one side, while their frequency dependence also presents a close resemblance to the one reported for a-SiO 2 (see Ref. 68 ). Finally, if we consider the contribution of the BOs to the Q n -band, our calculations show that the presence of sodium leads to the suppression of the double-peak feature, well known for pure SiO 2 glass. 
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• -160
• is rather asymmetric and seems to become stronger with increasing Na content for the highest frequencies, with respect to the one of BOs with angles smaller than 140
• .
Finally we note that the contribution of the very large angles, above 160
• , is almost negligible below 850 cm −1 , and seems to slightly increase with increasing frequency in the Q n -band.
An investigation of the per-atom NBO contributions in the high-frequency band, given
in Fig. 14 , shows that the Q n contributions are significantly overlapping. Regarding the NBOs on Q 1 species, the poor statistics caused by the single case observed in the NS2 sample makes us refrain from further comments. In the case of NBOs on Q 2 species, we observe a well-defined doublet structure with maxima around 920 cm −1 and 1030 cm −1 , whose position does not seem to be strongly affected by composition. The most probable reason for the appearance of the doublet is the presence of neighboring effects from different Q n species linked to Q 2 ones. However, our analysis with respect to the populations of Q n neighbors did not reveal a clear correlation. As for the NBOs on Q 3 species, they exhibit a unimodal distribution whose maximum shifts from 1080 cm It could be argued that the bimodal distribution of the Q 2 contribution to the Raman spectra results from the relatively low total number of these units which lead to poor statistics. In order to clarify this point, we present in Fig. 15 Inset: Total contribution from NBO's on Q 2 and Q 3 species for the three models.
IV. CONCLUSION
We have presented in this work the investigation of the vibrational spectra, VDOS and Raman, for three sodosilicate glasses. The visualization of the vibrational modes has been used to make an initial analysis in order to show that the experimentally predicted modes are reproduced in the calculations. The per-species decomposition of the VDOS revealed the relatively high contribution from O atoms in the whole frequency range, and the contribution of the Na atoms at low frequencies, typically below 400 cm −1 . The mode analysis of the Si-O-Si bridges has shown that the vibrations up to 800 cm −1 are of rocking and bending type, whereas above that frequency they are essentially stretchings. The average contributions of the bridgings to the VDOS seems to be affected by the angle formed by the three atoms, with a slight upshift around 500 cm −1 and a downshift at the high frequency band as the angle becomes smaller. Concerning the high-frequency band, the results reveal important overlaps between NBO contributions in Q 2 and Q 3 species, as well as with those of the BOs.
The Raman spectra reproduce well the experimental band positions, whereas the calculated intensities show some deviations. We have shown that this is due to the limited system size and the prediction of the Q n species distribution by the classical potential which was used to quench the glasses from the melt. The calculation of the Raman response by
Si-O-Si bridges has shown that large angles have a particularly flat contribution to the lower and middle part of the spectra while, similarly to the VDOS, relatively small angles exhibit an upshift around 500 cm −1 . The calculation of the BO and NBO partials to the Raman spectra clearly shows that the form of the Q n band is defined by the latter. The further analysis of the NBOs in terms of their local environment shows a bimodal contribution with well-defined maxima for those connected to Q 2 and a highly overlapping Q 3 peak. The fact that the BO partial is also overlapping and spans the entire width of the Q n band indicates that one has to be particularly prudent when deconvoluting experimental spectra with the use of simple functions.
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List of some videos corresponding to atomic vibrations at selected frequencies:
• Video 1: Motions of rigid tetrahedra and dangling-like motions of Na-O bonds (ω = 108 cm −1 ).
• Video 2: Breathing motions of oxygens atoms (highlighted in blue) in a 4-member ring, as well as bending motions of Si-O-Si bridges (ω = 477 cm −1 ).
• Video 3: Breathing motions of oxygens atoms (highlighted in blue) in a 3-member ring (ω = 610 cm −1 ).
• Video 4: Streching-like motions of oxygen atoms in high-frequency band (ω = 1130 cm −1 )
These videos were produced using Avogadro version 1. 
